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E nonlocal min
.
set imr

,
Tt the extension of u=Xe- Xec .

s-n f Tv-012 2-
'→
DXThem

§ (r) = R
-

to B+
R

is monotone increasing in ~
as long as Br - R .

QT.u.tn ) const . ⇔ -0 0 - homogenous



Proof .

dd-rOI.u.cn/n=
,

= / IF -012 2-
'→

do - Cm-s) ) /Futz'→d✗
OBI Bf

Let Ñ be the 0 - homag extension of E from 213T to Bf.

J IT -012 2-
'→
dr ≥ f IFE/

2

2-
'→
dr

213T 2B
,

'S
, ,
YET 2-

" s dx ≤ / HE/
2

z
'- sdx

BF



d-d~OI.u.cn) ≥ f HE /Zztsdr - (n-s) ) tvuiztsdx
OBT Bf

"

¥ Eoc" / ,

= 0

If equality holds them TVE / = IFE /

⇒ 1%0-1--0 ⇒ It is constant

in the radial
direction

.



Catley_ ( Blow - ups )
E nonlocal minimal set near 0 EOE .

Then I die→ 0

ii. E → E- in Iea (Ri)

E-(tax) → ÑG) in L'e- (Rn
"

)
+

with É
,
T o - hang .

and J is the extension of E- .

E- - blow-up cone of E- at ◦ iE/



⑤ Improvement of flatness
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Iroposition
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Oyezproblem : Is OE analytic ?

The constant E.
◦ can be taken independent of
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be used in the Harnack inequality .
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Consequences of the Flatness Theorem :

1) The half - space is the cone of least energy

§ ( É ) ≥ § ( Rn ) to if E- is a
+

nontrivial cone
.

° ✗
◦
is a regular point .

2) Dimension reduction ( Federer ) :

There exists a first dimension no C- [2,0]

for which a non-trivial cone with smooth cross-section exists .
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Theorems :
The half - space is the only s - minimal cone

in 2D .
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Theorems The half - space is the only s -minimal cone

in dimension n≤ 7 and s close to 1
.

Danila - Dee Pino - Wei stability of Lawson cares

they are unstable up to dimension n ≤6
.

Theorems E S-minimal in B
,
then

P (E) ≤ C ( Ssn) .

Biz



"#É"

Ps /E) + Ps (F) = Ps ( EUF ) + Ps (Ent ) - LIF-E) E-F)

theorem E is s - stable in B
,
then

Pps
,
,! E) ≤ Ccm , s ) .



Major differences with

classical minimal surfaces :
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Qpen_ questions
1) classification of minimal cones ( in dimension n=3 )

2) study of singularities for nonlocal mean curvature flow

3) Construction of special solutions


